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PREFACE

This monograph presents a method of evaluating quickly and accu-
rately the compaction of cohesive soils used in construction of earth
embankments. In contrast to the time-consuming methods previously
used, the technique presented in this monograph makes it possible to
determine the essential values of moisture and density within an hour
after the field measurements are made on an embankment. With this
method, effective compaction control can be carried out expeditiously
and economically.

In brief, by use of the rapid method, the degree of compaction of
the fill is precisely determined by comparing the density of the embank-
ment with a laboratory standard. This is done by a simple mathematical
device. Also, by this method, moisture control to a satisfactory degree
of precision is achieved.

The theory of the rapid method is descrloed in this monograph as
well as step-by-step procedures and results of experiences to date with
the method. Appendixes to the text contain supplementary information
and mathematical derivations.
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INTRODUCTION

Effective construction control of cohe-
sive soils requires more than merely meas-
uring the dry density and the water content of
a sample of compacted embankment. These
values must be compared with the laboratory
maximum dry density and the optimum water
content, which are obtained under standard
test procedures. The comparison is made by
compacting specimens of the soil, obtained
from the fill for the density test, at the water
content of the fill and at several other water
contents to determine the laboratory mois-
ture-density curve for that soil.

All operations in this comparative pro-
cedure, except the determination of water
contents needed to convert wet densities to
dry densities, require about one hour, de-
pending on whether the sample requires
screening to remQve particles larger than
the maximum size used in the laboratory
tests. Determination of the water content
of a sample by drying to constant weight at
110° C may require up to 24 hours for clayey
soil. Because of the advantages of early
knowledge of the field comparison results,
many methods have been proposed to obtain
results rapidly.

The Proctor needle has been used to ob-
tain the approximate difference between opti-
mum water content and fill water content. 1

*Rapid methods of determining water con-
tent values include: The alcohol-burning
method; 2 the Bouyoucos alcohol method
using a hydrometer; 3 and a moisture meter
method using calcium carbide to generate
acetylene in a closed container connected to
a pressure gage. 4 All of these rapid mois-
ture methods are either approximate or they
give correct values of water content only for
certain kinds of soils. Hence, the standard
oven method must be used in addition, or at
least as a periodic check.

The use of radioactive materials for de-
termination of water content and density has
been under investigation since 1949. Recent
results 5 show some promise, but difficulties
in calibration and in adapting laboratory-type
instrummts for field use preclude adoption of
this method for routine control of compaction
at the present time.

*Numbers refer to publications in List of
References.

If a particular laboratory dry density-
water content curve is assumed to be appli-
cable to the soil being tested, an approximate
dry density of the fill can be obtained from a
graph, by comparing the in-place wet density
with the wet density of the soil compacted in
the laboratory cylinder at fill water con-
tent. ,~* Another method uses the wet density
at fill water content and the Proctor needle
reading of the soil in the cylinder to choose
one of a set of typical curves from which the
approximate maximum dry density and opti-
mum water content can be found. ~,** Approx-
imate methods developed on Bureau of Rec-
lamation jobs to facilitate acceptance of
rolled fill are typified by the one used during
construction of the Bureau of Reclamation's
Trenton Dam in Nebraska, involving an esti-
mation of the fill water content. In this
method a complete compaction test was made
by starting with the field sample and adding a
definite amount of moisture or drying to re-
move a definite amount of moisture. The
field moisture was given an assumed value
and the other compaction test moistures were
computed from it. A dry density curve was
plotted, and the field test was evaluated.

In a study concerned with the properties
of compacted cohesive soils,6 these methods
of control were reviewed. It became appar-
ent that exact information on the ratio of dry
density of fill to laboratory dry density at fill
moisture was readily available without know-
ing the water content. In addition, it was
found that by compacting various specimens
in the compaction test procedure and record-
ing the amount of water added to or taken
from the soil as a percentage of fill wet
weight, a wet density curve could be obtained.
This curve could then be converted to wet
density on a fill water content basis, from
which the exact percentage of fill ~ density
to laboratory maximum dry density can be
obtained. That percentage criterion for den-
sity control is widely used, and since it can
be determined without drying soil samples,
the major time-consuming operation can be
avoided. This in essence is the purpose of
the rapid method of construction control- -to
provide a correct basis for acceptance or re-
jection of compacted fill in the shortest pos-
sible time.

**See Reference 2, page 40.
***See Reference 2, page 42.
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DENSITY CONTROL

In the Proctor compaction test, samples
of soil containing different amounts of mois-
ture are compacted in a container of known
volume by a specified type and amount of
cornpactive effort. For each sample the re-
sulting weight of the soil mass divided by the
volume of the container is the wet density.
The dry density is defined as the weight of
dry solids in the compacted, moist soil mass
divided by the volume of the container. This
implies that the water is contained within the
voids of the soil mass and contributes to the
weight but not to the overall volume of the
mass.

The water content of the soil is ex-
pressed as a percentage or ratio of the dry
weight of the soil which makes it independ-
ent of the state of compactness of the soil
mass. The wet weight of compacted soil in
the container consists of the weight of dry
soil and the weight of water. In terms of
unit weight or density,

"Iv ="Id +wrd = "Id(l +v)

where 1v = wet density of the soil mass
"I

d = dry density of the soH mass
v = water content

Curves of wet density versus water content
and dry density versus water content are
shown in Figure 1(a). The maximum ordinate
of the dry density versus water content curve
is called the Proctor maximum dry density or
laboratory maximum dry density, "I d , and

m

the abscissa where it occurs is called the
optimum water content, v

o'
The value of the

wet density at that point is "Id (1 + v ).
m 0

Consider a field density test made in soil
containing no graveL (The procedure in soils
containing gravel is similar, except for the
screening required and the computations nec-
essary to obtain the fill wet density of the
minus No.4 fraction. These are given in,
for example, the Bureau of Reclamation
Earth ManuaL *) The material obtained from
the test hole is protected against evaporation
and is compacted by a standard method in a
cylinder, while at fill water content, vf' to
what is called a "cylinder" wet density, "Iv'

e
*See Reference 1, Designation E-22, page 277.

The ratio of fill wet density, 'l
vf' (wet wei~ht

of soil extracted from the hole divided by the
volume of the hole) to "cylinder" wet density
is identical with the ratio of their dry den-
sities, since both wet densities are at the
same water content:

1 "I d
(1 + vf)

"dvf r fr;;= 1d
(1 + Vr) = r;- = C Equation (1)

e e e

where "I

dr and
"I

de are fill dry density and

"cylinder" dry density, respectively. The
value of the ratio, C , indicates the relation
between the compactive effort used on the fill
and the laboratory compactive effort.

The ratio, D, of fill dry density to labo-
ratory maximum dry density, which is the
basis of density control, could be obtained
from wet densities in a similar manner if the
value "I d

(1 + v f) could be found, where "I

d
m m

is the laboratory maximum dry density. The
value D would be obtained by dividing the fill
wet density by this quantity:

D =
"Id (1 + vf) "Id

f =-!
"Id (1 + vf) "Id

m m

Equation (2).

The rapid method is a procedure for obtain-
ing the value "I

d
(1 + v ).

m f

Consider a sample of soil that was taken
from a fill with a wjiter content, vr' some-
what less than optimum, and compacted in a
cylinder in a specified manner. If we desig-
nate its resulting "cylinder" dry density as
"I d , then its "cylinder" wet density would be:

e

"I

d
(1 + vf) .This "cylinder" density at fill

c

water content is shown in Figure l(a).

For any fill water content, vf' the value
of the "cylinder" wet density can be readily
obtained by a compaction test; hence, let us
use this point as the origin of new curves ob-
tained by translating the origin of abscissas
to fill water content as shown in Figure l(b).
Also, let us use for the abscissa, z, of the
new curves the amount of water added to the

4
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(1) 7d
(1 + wf)'

c

7d(1+w)

(2) 2
2

(1 + z )
2

soil in percentage of fill wet weight. ** This
change in origin is equivalent to considering
the moi st soil removed from the fill to be
"dry;" that is, the water associated with the
soil at fill water content is treated as solid
material. Values of z are in percentage of
"dry" weight by this concept.

By adding water to samples of the moist
soil (all samples are at fill water content to
start with), and by mixing and compacting
them in the usual manner, a wet density ver-
sus z curve--the upper curve in Figure l(b)--
is obtained. The values of ordinates of this
curve are the same as the wet density curve
in Figure 1(a). However, the abscissas are
values of z rather than of w. The analogy
between Figures l(a) and l(b) can be com-
pleted by drawing the converted wet density
curve in Figure 1(b). This is done by divid-
ing each ordinate of the upper curve by
(1 + z). The resulting curve is similar in
shape to the Proctor dry density curve. The
values of the ordinates of the converted wet
density curve are not dry density, however,
but are dry density multiplied by the expres-
sion(l + wf)' 'This can be proved as follows:

The ordinates of the converted wet den-
sity curve were obtained by dividing the wet
densities, "Yd(l + 'II), by(l + z). The value
z is defined as added water in percentage of
fill wet weight. Therefore

W Ws - wf Ws
-

w - wf
Z = Ws(l + wf)

- 1 + wf
Equation (3)

where W is dry weight of soil.
s

W - W
1 + Z = 1 + --1. = .! :t...L

1 + wf 1 + wf
Equation (4)

Hence

7d(1 + w)
-

7d(1 + w)

1 + z - .! :t...L = 7d (1 + 'IIf)

1 + wf Equation (5)

which is the value of each ordinate of the con-
verted wet density curve.

*~'The use of z as abscissa is only one of
three possible values, all of which provide
identical results. See Appendix A.

The maximum ordinate of the converted
wet density curve must be 7d (1 + wf)' be-

m

cause the only variable in the ordinate of the
curve is 7dJ the expression (1 + wf) is con-
stant for any given density test.

It should be noted that the Proctor curves,
shown in Figure 1(a), cannot be drawn unless
the values of water content are determined,
whereas the curves shown in Figure 1(b) can
be drawn without knowing values of water con-
tent. The values of z used in Figure 1(b) are
merely the ratios of pounds of water added to
pounds of moist soil removed from the fill and
are known.

Hence, the value

7d(1+Wf) 7d

D-
f =-.f

-7d(1+wf) 7d
m m

Equation (2)

can be obtained precisely from wet densi-
ties alone by finding the peak point of the
7d

(1 + wf)curve. That curve is obtained by

plotting the points:

(3)

7d(1+w)
3

3

1 + z
3

W - wf
etc. It should be noted that z =-1 can be

+'11
negative as well as positive. f

The determination of the maximum ordi-
nate of the7 d(l + wf)versus z curve presents
the same problem one encounters in finding
the maximum dry density in a dry density
versus water content curve. In general, the
more points that are plotted, the more accu-
rate is the determination of the peak point of
the converted wet density curve. The mini-
mum number of points needed is three, and if
these are spaced so that the point of maximum
ordinate falls within the range of their ab-
scissas, it is feasible to find the maximum
ordinate graphically. This is done byassum-
ing the portion of the 7d (1 + wf) versus z
curve in the vicinity of the maximum point

6



to be a parabola rhose axis is parallel to the
ld(l + wf) coordinate axis. The parabola
method of locating the maximum ordinate is
given in Appendix C. Its use is not essential
to the rapid method, but it has been found ad-
vantageous in reducing the number of points
required and it provides a unique value for
the peak point without sketching the curve.

In a further effort to simplify the proce-
dure to obtain D, the coordinate sheet on
which the curve is plotted is provided with a
series of diagonal lines which enables the di-
vision of wet density by the quantity(l + z) to
be done graphically, so that points of coordi-

nates [z, 1d
(1 + Wf)] can be plotted without

using a slide rule or calculating machine.
Once the maximum ordinate, 1d

(1 + wf> is

obtained, either by the parabola &ethod or by
sketching the curve, the value

ld (1 + Wf) ld

D - f
= --K- 1 d

(1 + Wf) 1
d

m m

Equation (2)

can also be obtained graphically by using the
diagonal lines as explained later under the
section, Examples.

MOISTURE CONTROL

The location of the peak point of the
1d(l + Wf>versus z curve shows whether the

the soil is at optimum water content (Wo)' or
is less than or greater than optimum. How-
ever, the exact magnitude of the difference
between optimum water content and fill water
content is unknown. From Equation (3), it
follows that:

Wo - wf = zm(l + wf) Equation (6)

where zm is the abscissa of the peak point of
the curve. Forzm = 0, Wo - wf = 0 for any
value ofwf' For values of zm other than 0,
the magnitude of wf is needed to obtain

Wo - wf'

From Equation (5), it follows that:

l+w
01 + wf = 1+Z
m

Equation (7).

Hence, another expression for the difference
between optimum and fill water contents is
obtained by combining Equations (6) and (7):

Zm
W - W = - (1 + W )

0 f l+z 0
m

Equation (8).

Since neither wf nor Wo IS known, Equations
(6) and (8) require that either of these values

be estimated in order to obtain the magnitude
ofwo - wf' However, an error in estimating
wf or Wo results in a much smaller error in
the value of Wo - wf' For example, in Equa-

tion (8), for z = + 0.02, an error of 0.05 inm

estimating Wo is reduced to ~:~ (0.05) =

0.00098 for Wo - wf; this small error is ac-

ceptable for control purposes.

To avoid the necessity of estimating wf
or Wo for each density test, a set of curves
was prepared which automatically estimates
Wofor the coordinates of the peak point of the
converted wet density curve. Figure l(b)
shows the relation between the peak point of
that curve and the wet density at optimum
water content. The approximate relation be-
tween the latter value and the optimum water
content was determined for 1,300 soils com-
pacted by the Bureau of Reclamation's stand-
ard of compaction,

*
and is shown in Fig-

ure 2. *~, The relationships of Figure s 1(b)
and 2 were combined to obtain the curved
lines shown in Figures 3 and 4.

*The Bureau of Reclamation's standard uses
a 1/20-cubic-foot cylinder, 3 layers, 25
blows per layer of a 5. 5-pound hammer
dropped 18 inches. Compactive effort is
12,375 foot-pounds per cubic foot.

**The specific gravity of the soils in Figure 2
varied from 2.43 to 2. 94; the average was
2,685. Ninety-five percent of the soils had
specific gravities between 2.52 and 2.85.
For soils of specific gravity significantly
lower or higher than these values or for
standards of compaction appreciably dif-
ferent in compactive effort than the Bureau
standard, see Appendix B.
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These lines show the correction value to
be added to Zm to give Wo - wf" The correc-
tion value shown by the curved lines (to the
nearest 0.1) closest to the peak point of the
converted wet density curve [Coordinates

Z , "/ (1 + W )] is added algebraically tom d f
m

Zm to give a value for Wo - wf that is suffi-
ciently accurate for control purposes.

EXAMPLES

Figures 3 and 4 are examples of the
rapid compaction control method, using the
forms designed for the Bureau of Reclama-
tion's laboratory compaction standard with
the 1 /20-cubic-foot cylinder. By changing
the weights of soil sample and of water added
in proportion to the size of cylinder used,
these forms are suitable for density control
for any compaction standard. In addition,
there are indications that the correction
curves for moisture control which were pre-
pared for the Bureau of Reclamation's com-
paction standard may be satisfactory for
other compaction standards of approximately
the same compactive effort. For example,
the correction curves in Figures 3 and 4 are
believed to be applicable to the compaction
standard used in Mexico 7 and to the stand-
ards of the American Society for TestingMa-
terials and American Association of State
Highway Officials.8 9

In Figures 3 and 4 all lines are black.
However, in the forms used by the Bureau of
Reclamation the lines are in color. These
forms, Forms 7-1624 and 7-1624A, are
shown in this monograph following Appendix
D. The diagonal lines are black, and the
correction curves are light red lines. The
first form includes the normal density range
used in Figures 3 and 4. The second form is
used for low density soils. The following
step-by-step procedure explains the use of
the forms.

Procedure for Rapid Compaction Control

Obtain fill wet density of minus No.4
fraction. To find:

D = Fill dry density
Laboratory maximum dry density

C = Fill dry density
Cylinder dry density at fill water content

Wo - wf in percent; proceed as follows:

To obtain Point (1). Compact soil at fill
water content into a standard cylinder. Plot
the resulting wet density on the 0 percent
vertical line on Figure 3 or Figure 4.

To obtain Point (2). To 7.50 pounds of
soil at fill water content add 68 cubic centi-
meters (2 percent) water, mix, and compact
into a cylinder to determine wet density.
Find the point on the + 2 percent diagonal
line corresponding to the wet density; pro-
ject vertically to the 0 percent diagonal line,
thence horizontally to plot Point (2) on the
+ 2 percent vertical line. The ordinate of the
plotted point is the wet density divided by
1.02 .

To obtain Point (3). If Point (2) is
greater in ordinate than Point (1): To 7.50
pounds of soil at fill water content add 136
cubic centimeters (4 percent) water, mix,
and compact into a cylinder. Find the point
on the + 4 percent diagonal line correspond-
ing to the wet density; project vertically to
the 0 percent diagonal line, thence horizon-
tally to plot Point (3) on the + 4 percent ver-
tical line. The ordinate of the plotted point
is the wet density divided by 1.04.

If Point (2) is smaller in ordinate than
Point (1): Permit 7.50 pounds of soil at fill
water content to dry without loss of soil;
then weigh.

*
The table on the right-hand

portion of Figure 3 or Figure 4 gives the
percentage of water loss corresponding to
the dried weight. Compact the dried soil
into a cylinder. Find the point on the diag-
onalline (interpolate if necessary) corre-
sponding to the wet density; project verti-
cally to the 0 percent diagonal line, thence
horizontally to plot Point (3) on the vertical
line corresponding to the correct percentage.
The ordinate of the plotted point is the wet

*See alternative method in Appendix D which
eliminates the requirement for drying soils
that are close to optimum water content.

11



density divided by 1 plus the negative per-
centage: [1 + (- 0.(2) = 0.98].

Three plotted points are sufficient if both
the left and right points are lower in ordinate
than the center point; if not, a fourth point is
necessary. Find the point of maximum ordi-
nate of the curve by the parabola method,
Appendix C, or by sketching the curve if the
number and locations of the points permit ac-
curacy without use of the parabola method.

Plot the fill wet density of minus No.4
fraction on the 0 percent vertical line .

To obtain D: Project the maximum ordi-
nate horizontally to the 0 percent diagonal
line, thence vertically to the value of the fill
wet density. D =100 percent plus the inter-
polated percentage given by the diagonal
lines, taking minus signs into account. D is
fill wet density divided by the maximum ordi-
nate of the curve.

To obtain C: Project Point (1) hOrizon-
tally to the 0 percent diagonal line, thence
vertically to the value of the fill wet density.
C =100 percent plus the interpolated percent-
age given by the diagonal lines, taking minus
signs into account. C is fill wet density di-
vided by the ordinate of Point (1).

To obtain Wo - wf: This value is the ab-
scissa of the point of maximum ordinate cor-
rected by adding the value shown in red (the
curved lines) on the chart nearest to the peak
point, interpolating where necessary, and
taking minus signs into account.

Completion of Test for Record Purposes

Dry a sample of minus No.4 fraction to
constant weight in an oven at 1100 C to ob-
tain fill water content, wf' Then:

Fill dry density of -
No.4

= Fill wet density of -
No.4 + (1 + wf)

Laboratory maximum
dry density

= Maximum ordinate
+ (1 + Wf)

= Ordinate of Point (1)
+ (1 + wf)

Cylinder dry density

Optimum water content =
wf + (1 + Wf) zm

Example 1

Figure 3 is an example in which the fill
water content is less than optimum. The test
data are:

Fill wet density =127.5 pounds per cubic foot

Wet density
in pounds
per cubic

Point foot

Converted
wet density
in pounds
per cubic

foot
:i\

in percent

(1)

(2)

(~)

12~.4

128.6

124.6

0

2

4

12~.4

126.1

119.8

By the parabola method

0 1.6 126.~

then

D - ~ - 101.0 percent- 126.~ -

C =~~:, = 10~.~ percent

Wo -wf = + 1.6 + 0.2 = + 1.8 percent (dry
of optimum)

These values are sufficient to accept or re-
ject the compacted fill according to criteria
established for the work.

After the fill water content has been de-
termined by drying a sample to constant
weight at 110. C, the field density test is
completed for record purposes as follows:

Wf = 15.0 percent

-~- f1
df

- 1.15 - 110.9 pounds per cubic oot

- 126.3 - 109 8 pounds per cubic foot1d - 1.15 - .
m

- 123.4 - 107 ~ pounds per cubic foot1d - 1.15 - .c

W = 0.15 + (1015){0.016) = 0.168 or 16.80
percent.

12



Example 2

Figure 4 is an example in which the fill
water content is greater than optimum. The
test data are:

Fill wet density :: 125.8 pounds per cubic foot

Wet density
in pounds
per cubic

Point foot

Converted
wet density
in pounds
per cubic

foot
:i3

in percent

(1)

(2)

(3)

128.4

121.8

126.6

128.4

124.2

123.7

0

+2

- 2.3

By the parabola method

0 - 0.7 128.9

then

D = 125.8 - 97 6 Percent128.9- .

c = ~~:~ = 98.0 percent
- Wo- wf = - 0.7 - 0.1 = - 0.8-

percent (wet).

These values are sufficient to accept or re-
ject the compacted fill according to criteria
established for the work.

After the fill water content has been de-
termined by drying a sample to constant
weight at 110° C, the field density test is
completed for record purposes as follows:

Wf = 18.0 percent

7df' = ;:iB8 = 106.6
pounds per cubic foot

7d = ~:iB9 = 109.2 pounds per cubic foot
m

128.4 - loB 8 Pounds Per cubic foot
7d = 1.18 - .

C W = 0.18 + (1.18)(- 0.007) =
0

0.172 or 17.2
percent.

USE OF RAPID METHOD BY BUREAU OF RECLAMATION

The rapid method of control described in
this monograph has been used satisfactorily
on about a dozen earth dams since May 1957,
and has been adopted as a designation in the
Earth Manual 1 for control of all compacted
cohesive soils on Bureau of Reclamation
projects. Prior to initiating the procedure in
the field, it was tested in the Bureau's Earth
Laboratory at Denver, Colorado.

It was found that a mechanical method of
mixing the water with the soil was desirable
to assure uniformity of the resulting water
content and to reduce loss of moisture by
evaporation during the mixing. Figure 5 il-
lustrates and describes the mixer and paddles
used in the laboratory study. 10 Paddle
No.3 was found to be satisfactory for a vari-
ety of silts and clays and was recommended
for use on Bureau projects. Several earth
dam projects are using this mixer and pad-
dle. A mixing time of 1 minute with a paddle
speed of 90 revolutions per minute was satis-
factory.

Although the relative humidity of the at-
mosphere in the Denver laboratory was low (2
to 20 percent), at temperatures of 65° F to
75° F, loss of moisture during the mixing of
soil and water was only about 0.1 percent of
dry weight of soil. This small value pre-
cluded the necessity of correcting for loss of
moisture during the te st. Additional time and
heat are required to reduce the water content
to obtain a point on the converted wet density
curve that is less than fill water content. On
one of the field projects, a stream of heated
air is passed over the bowl during the mixing
operation to facilitate uniform drying.

Although mechanical mixing is desirable,
it is not a necessary adjunct to the rapid
method of control, which has been used suc-
cessfully with hand-mixing procedures. The
additional time required to obtain uniform
mixes of moist soil and added water by hand
methods may, under certain atmospheric
conditions, permit a significant amount of
evaporation to occur. In that case, another

13



Bowl Capacity: 3 gallons 

Motor: 113 HP, 60 cycles, 115 volts, single phase, 3 speed maximum, 
l , 7  25 rpm. 

Mixing head speeds; 47 rpm, 90 rpm, and 160 rpm. 

Paddle No. 1: Blades made from 112- by 112-inch angle iron sharpened 
and shaped. 

Paddle No. 2: Modified pastry beater- - Blades have been develed and 
sharpened. 

Paddle No. 3: Blades made from 1- by 1-inch angle iron sharpened 
and shaped. 

FIGURE 5 - Mechanical mixer and paddles used i n  the laboratory. 



weighing of the final mixture will determine
the magnitude of correction to be applied.
In most cases, loss by evaporation can be
compensated for by adjusting the amount of
water added. As yet, no such adjustment has
been found necessary on the Bureau projects.
The fan-type scale of 25-pound capacity,
reading directly to 0.01 pound, has been
found satisfactory for weighing the soil be-
fore and after mixing.

The parabola method, described in Ap-
pendix C, has been found to be desirable, but
it is not an essential part of the rapid method.
Cases have occurred where the peak point of

The primary purpose of the control
method described in this monograph is to
provide a correct and sound basis for accept-
ance or rejection of compacted fill in the
shortest possible time. As explained, this is
done without requiring the determination of
the values of dry density or of water content.
There appears to be little justification for re-
lying on assumed compaction curves to com-
pare with the fill density when the rapid
method, giving an exact ratio of fill dry den-
sity to laboratory maximum dry density, is
available.

Moisture control is considered essential
in the construction of high earth dams, and it
is the key to effective use of compaction
equipment in all earth embankments. The
rapid method provides moisture control in-
formation in terms of the difference between
optimum water content and fill water content.
Although the value is not precise, it is con-
sidered to be close enough for control pur-
poses. There is no advantage in using the

the converted wet density curve was found to
coincide with one of the compaction points by
virtue of symmetry. In that connection, it
will be found desirable to modify the step-by-
step procedure given under the section, Ex-
amples, when Points (1) and (2) are of the
same converted wet density. Instead of add-
ing 4 percent of water to obtain Point (3) and
then using the parabola method to obtain the
peak point, it is evidently better to add 1 per-
cent of water (34 cubic centimeters) to 7.5
pounds of moist soil. This will determine the
peak point directly, since the axis of the pa-
rabola is located at z = +0.01.

SDDIARY

ratio of fill water content to optimum water
content for moisture control in lieu of the dif-
ference between these values, since both the
ratio and the difference depend on the magni-
tudes of fill water content and of optimum
water content, which are unknown.

An additional advantage of the rapid
method over the approximate methods is that
the data obtained for control purposes in the
rapid method can later be used to obtain the
correct values of dry density and water con-
tent for record purposes. This is accom-
plished by obtaining only one water content--
the fill water contentnby drying a sample in
the oven.

In addition to its use in the construction
of earth dams, the method described in this
monograph is believed to be particularly ap-
plicable for control of compaction of highways
and canal embankments, where the compac-
tion characteristics of the soils are likely to
vary along their routes.
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APPENDIX A

Alternative Methods of Obtaining the Value

rd (1 + wf>
m

General

For density control the value

rd (1 + wf> rd

D - f = --!-rd(l+wf> rd
m m

Equation (2)

can be obtained from wet densities, provided

r d
(1 + wf> is found. Under the section,

m
Density Control, of this monograph, a method
of obtaining this value is given in which the
abscissa of the wet density curve and the con-
verted wet density curve is z. There are two
other possible abscissas that can be used to
obtain the same result. These are included
here to make the derivation of r d

(1 + wf>
complete. m

Original Development*

The wet density corresponding to the max-
imum laboratory dry density is r (1 + W >dm 0 '
where Wo is optimum water content. This
can be written r (1 + W - W + W

> =d 0 r fm

rd (1 + wf> + rd Wo - rd wr"
m m m

The value of r d Wo is the total weight of
water per cubic f~t in the soil mass at max-
imum dry density, and 7d W

f is that portionm
of the foregoing weight of water which is at-
tributable to fill water content. Then the
expression 7d Wo - 7d wf is the weight

m m

of water per cubic foot that must be added
to the soil (which is already at Wf) to obtain
the maximum dry density.

The increment of water (above that due
to fill water content) contained in a compacted
specimen can be obtained in the following

*This derivation is given in Reference 6,
page 85.

manner: A measured quantity of water is
added to a known weight of loose soil at fill
water content and mixed. The mixture is
compacted in a laboratory cylinder by the
standard procedure. The ratio of the wet
weight of soil in the compacted cylinder to
the wet weight of the loose soil mixture,
multiplied by the weight of water added to
the loose soil, gives the required increment
of weight of water.

The wet density point corre sponding to
maximum dry density can be obtained by us-
ing "cylinder" wet density (at fill water con-
tent) as a reference point (0,0) in a plot as
shown in Figure 6. The increment of water
(times 20 for a 1/20 -cubic-foot cylinder)
and corresponding increment of wet density
is plotted as a point (Xl' y 1) on the solid
curve. Other points to determine this curve
are obtained in a similar manner by increas-
ing the amount of water added to specimens
at fill water content. The equation of the
solid curve is y = r(x). If each ordinate of
this curve is reduced by its corresponding
abscissa, the dashed curve Y=f(x)-x is ob-
tained, wmse ordinate represents the amount
of additional soil at fill water content above
the amount represented by "cylinder" wet
density that was compacted in the cylinder as
the result of adding more water. The maxi-
mum point (xm' Ym) of this curve must cor-
re spond to the maximum amount of dry sol-
ids, since the only variable in the equation
for Y is 7 d. When Y is a maximum,

d[f(x) - x] - 0dx -,

d[f(X)]-
1 - 0

dx - ,
d[f(x)] - 1dx - "

Hence, the point on the y = f(x> curve cor-
responding to maximum dry density is the
one where its slope equals unity. Then

7w
c

., ... Y
W mc

r d
(1 + wf>

c

.,
d

(1 + wf>
c

+ rd
(1 + wf> - .,

d
(1 + wf> =

m c
7d
-£ = R Equation (9)
7d
m
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where R = the ratio of cylinder dry density
at fill water content to laboratory maximum

Yd
dry density, but :y1- = C [Equation (1»)

de

Ydf Yd
hence, CR = :;-- . -.£ - D,

de Ydm
- .

If, for the first specimen, Y1 = Y1 - Xl is
less than 0, then a decrement of water is used
on the next specimen (the soil is mixed to
allow drying to a weight corresponding to
about a 2-percent decrease in weight). This
procedure is continued as necessary to de-
termine a maximum point on the Y curve or a
slope of unity on the y curve.

Method Using Percentage of Wet Weight as
Abscissa

A converted wet density curve of ordi-
n.ltes Yd

(l + wr) can be obtained from a wet
density curve by plotting these curves with an
abscissa t, where t = (1

x
) . This ab-

Yd + W

scissa is added water in percentage oftotal wet
weight of the mixture of moist soil and water,

wrd - wfl d W - W
t - - ---1..- Yd

(1 + w) - 1 + W
Equation (10)

W - wf 1 + wr
1 - t = 1 - - - - Equation (11).l+w- l+w

Hence,

(1 + Wf)
Yd{l + w){l - t) = Yd(l + w)(l

+ w)

Yd
(l + Wr) Equation (12)

and the. peak pO
{
int of the Ydel + Wr) versust

curve IS Yd 1 + Wr)'
m

Points for the Ydel + wf) curve can be
obtained by adding specific amounts of water
to 7.50 pounds of moist soil at fill water con-
tent, mixing and compacting. For example:

0.15~1 - -
7.50 + 0.1531 - 0.02 - t

and

0.3125 - -7.50 + 0.3125 - 0.04 - t

The resulting wet densities are multiplied by
{] - t)to obtain points on they del + wf)curve.
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APPENDIX B

Derivation of Correction Curves
for Moisture Control

The curved lines shown in Figures 3
and 4 are loci of equal magnitudes of a cor-
rection value, 6, which when added to z
gives Wo - wf. Let

m

6 + zm = Wo - wf Equation (13)

then 6 = Wo - wf - zm' Substituting for
Wo - wf from Equation (8) results in

z
6 =~ (w - Z ) Equation (14).

+ zm 0 m

Let the relation represented by the curve in
Figure 2 be written:

Wo = f[7d (1 + W )].
m

0

Since

.7d
(1 + W ) = 7d

(1 + W )(1 + Z )
mOm f m

Wo = f[7d (1 + Wf)(l + z )].
m m

Substituting for W in Equation (14), we
obtain z

0

6 = -1 m (f[7
d

(1 + W
f

)(l + z )] - z )
+z m mm m

Equation (15).

Usually the function f[7d (1 + wfH1 + zm)]
m

is not known analytically, hence, the

form
z

6 = -.!!L- (w - z )l+z 0 mm

Equation (14) is used. By assuming values of
coordinates zm and 7d

(1 + wf) the value
m

7d
(1 + Wo)= 7d

(1 + wfH1 + z ) is obtained,
m m m

which from Figure 2 provides an approximate
value of wO' Thus every coordinate point on
the graph can be assigned a correction value
6 to be applied when the peak point of a con-
verted wet density curve occurs at that coor-
dinate.

Correction curves similar to those shown
in Figures 3 and 4 can be prepared for any
laboratory standard of compaction by first ob-
taining an approximate relation between

7d (1 + W )and Wofor that compactive effort
m 0

similar to the relation shown in Figure 2 and
proceeding as in the foregoing. Unusual soils
with very low or very high specific gravities
may require construction of different correc-
tion curves. However, if the 7d (1 + W )

.m 0

versus Wo plots are within the range shown by
the points in Figure 2, the correction curves
shown in Figures 3 and 4 can be used.

APPENDIX C

Parabola Method

Given three points on a parabola simi-
lar to the 7 d

(1 + wf) versus z curve, whose
axis is parallel to the 7 (1 + W ) axis. To
find the vertex: d f

Analytical solution. The equation of the
parabola with origin of coordinates at Point
(1) is:

(z - Z )2 =-2p(y -y) Equation (16)m m

where y = 7 d(l + Wf) - 7d
(1 + W rand 2p

c f

is the latus rectum. For z = Zl = 0 and
y = y = 0, Equation (16) becomes:1 2Z
Z 2 = 2py -- from which 2p =..!!L. Hence,m m Ym
Equation (16) can be written:

Z 2

(z - Z )2=_..!!L (y
- y)m Ym m

Equation (17)

from which
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-z 2y
m

Ym = Z(Z - 2z )m
Equation (18).

By substituting, first, Z2' Y2 and then Z3' Y3
for z,y in Equation (17) and then equating,

zm is found to be: y

l

(z - z ) 2-
1

3 2 Z2
Z = -

[
z + Equation (19).

m 2 2 Y Y
2-_2
Z2 Z3

Graphical solution. Figure 7 describes
the graphical solution for zm and Ym.

Tabulated values. Figure 8 (in pocket
inside back cover) gives coordinates of the
peak point of the parabola when Points (1),
(2), and (3) are equally spaced horizontally
in 2 percent increments. It was obtained
from Equations (18) and (19).
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Parabola Method

Graphical solution for vertexl 01 of a parabola whose axis is vertical, given three points
A, a, and C. If more than three points are availablel use the three closest to optimum.

H
0

A,

-2 -I 0 +1 +2 +3 +4

I. Draw horizontal base line through the left point, A, and draw vertical lines through
points Bond C.

Draw line DE parallel to AB,point E lies on the vertical line through point CiProject
E horizontally to establish point F on the vertical line through B.

Draw line DG parallel to AC, point G lies on the vertical line through point C.
Line FG intersects the base line at H. Axis of parabola bisects AH; draw the axis.
Intersection of line A B with the axis is at Jj project J horizontally to KI which lies on

the vertical line through point B.
Line KH intersects the axis at 0, the vertex.

2.

3.
4.
5.

6.

NOTE; If points AI B, and C are equally spaced horizontally (this is true when 2
points are obtained by adding water or when soil is dried exactly 2 percent) steps 2 and 3
above are eliminated. Point F coincides with point B and point G is halfway between the base
line and point C. Hence, point H is obtained by drawing BG and point 0 is obtained by steps 5
and 6 as usual. See graph below.

-I 0 +1 +2 +3 +4

FIGURE 7 - Graphical solution for peak point of parabola.
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APPENDIX D

Alternative Method to Eliminate Drying

Requirement for Soils Close to Optimum

Water Content

Points (1) and (2) of the converted wet

density curve are obtained in the usual man-

ner as given in the section, Examples.

To obtain Point (3) when Point (2) is

smaller in ordinate than Point (1)but within

3 pounds per cubic foot of that point: In lieu

of drying 7.50 pounds of soil at fillwater

content as required in the procedure given

under the section, Examples, for the rapid

compaction control method, add 34 cubic
centimeters (1 percent) of water to this

quantity of soil, mix, and compact into a cy 1-

inder. Find the point on the +1 percent diag-

onalline corresponding to the wet density,

project vertically to the 0 percent diagonal

line, thence horizontally to plot Point (3) on

the +1 percent vertical line. The ordinate of

the plotted point is the wet density divided by

1.01.

If Point (3) thus obtained is greater in

ordinate than Point (0, the peak point of the

converted wet density curve can be obtained

graphically by the parabola method. If Point

(3) is smaller in ordinate than Point (0, th~

graphical procedure for obtaining the peak

point requires extrapolation which reduces

its accuracy. For this case, calculate
Y /Y , where Yl is the difference in ordi-

3; 2

nates of Points (1) and (3), and Y2 is the dif-

ference in ordinates of Points (1) and (2).
Figure 9 gives the location of the axis of the

parabola (distance zm from the origin) for

ratios Y/Y2 . This figure is an enlargement

of a portion of Form 7-1624A which follows

this appendix.

For example, if

Point (1) = 117.6 pounds per cubic foot
Point (2) = 115.1 pounds per cubic foot
Point (3) = 116.8 pounds per cubic foot

Yl= 117.6 - 116.8 = 0.8

Y2= 117.6 - 115.1 = 2.5

Y/Y2 = 0.8/2.5 = 0.32, from Figure 9,

zm = -0.4 percent.

With the axis of the parabola determined,

the mirror images of Points (0, (2), and (3)
can be plotted as shown by Points (11), (2'),

and (3') in Figure 10. The peak point of the

parabola, Point (0), is obtained by designating

Point (3 ') as A, Point (1 ') as B, and Point (3)

as H and proceeding with the parabola method

construction. The coordinates of the peak

point of the converted wet density curve are:

(-0.4, 117.7).

Tabulated values. Figure 11 (in pocket

inside back cover) gives coordinates of the
peak point of the parabola for this alternative

method. These values can be used in lieu of

the procedure shown in Figures 9 and 10.
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RAPID METHOD OF COMPACTIONCONTROL
ALTERNATIVE PROCEDURE TO ELIMINATE REQUIREMENT FOR
DRYING SOILS THAT ARE CLOSE TO OPTIMUM WATER CONTENT
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RAPID M E T H O D  O F  COMPACTION CONTROL 
TABULATION OF COORDINATES OF PEAK POINT OF PARABOLA 

F~GURE 8 - Tabulation of coordinates of peak point of parabola. 

Tabulated values are coordinates (upper value x,, lower value Y, ) 
of the peak point o f  a parabola whose ax i s  is ve r t i ca l ,  g iven 
three points A,B, and C spaced 2% a p a r t  horizontally. The 
or ig in o f  coordinates is a t  po in t  A ,  t he  e x t r e m e  l e f t  po in t .  

Y2 is the ordinate o f  point B minus ord ina te  o f  po in t  A. 
Y q  is the ordinate o f  point C minus o rd ina te  of point A, Y4 may be negative. 

V A L U E S  OF Y 4  GPO 840080 



RAPID METHOD OF COMPACTION CONTROL 
T A B U L A T I O N  OF-COORDINATES OF PEAK P ~ N T  OF P A R A B O L A  

( A L T E R N A T I V E  M E T H O D  T O  E L I M I N A T E  D R Y I N G  R E Q U I R E M E N T  F O R  S O I L S  C L O S E  T O  O P T I M U M  W A T E R  C O N T E N T )  
M A R C H  1960 

V A L U E  O F  Y I  

E X A M P L E  
YI = 117.5 - 116.6 = 0 .9  
yP = 117.5 - 115.0 = 2.5  

F r o m  tab le ,  Zm =-0.8 
Y ,  = 0.2 

Hence coordinates o f  peak point o f  
parabola, po in t  0, are:(-0.8, 117.7) 

~ a b u j a t e d  values are  coordinates 
(upper value Zm, lower value Ym) 
o f  t h e  peak po in t  o f  a pa rabo la  
whose ax i s  is  vertical, given 
th-we po in ts  (1),(2),and (3) spaced 
a t  Z=O;Z=+2%,and Z = + I %  
respect ively.  The o r i g i n  o f  coordinates 
is  a t  po in t  (11, the extreme l e f t  point. 

The distbnce YI is the o r d ~ n o t e  o f  point (I) 
minus ordinate of po in t  ( 3 ) ;  Y, may be 
positive, or negat ive  when o rd ina te  o f  
pb in t  (3); is greater t han  ordinate o f  point( l )  

The distance Y, is the ord inate  o f  po in t  ( I )  
minus o r d i n a t e  o f  p o i n t  (2); Yp is always 
pos i t ive .  

FIGURE 11 - Tabulation of coordinates of peak point of parabola for alternative method. G P O  837638 




